APXH 1HY SEAIAAY
HMEPHZION KAI EZMNEPINQN

EMANAAHNTIKEZ MANEAANAAIKEZ EZETAZEIZ
HMEPHZIQN KAI EZMNMEPINQN FENIKQN AYKEIQN
EEETAZOMENO MAOHMA: MAOHMATIKA NMPOZANATOAIZMOY
TPITH 10 ZEMTEMBPIOY 2024
2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1,

A2,

A3.

A4.

‘Eotw n ouvdaptnon f(x)=x, XxeR. Na amodeigete o611 n f eival

mapaywyioiun oto R kai ioxoer f'(x)=1.
Movdadeg 7
Néte pia ouvaptnon f Aéyetal yvnoiwg avfouca oe éva diaoTnua A

Tou Tmediou oplopoU TNG;
Movddeg 4

Na diatummwoete T0 Oewpnua Méyiotng kal EAaxiotng TIPAG.
Movdadeg 4

Na xapakrnpicere T1IC TPOTACEIC TTOU akKoAoubBoUv ypdeovrag¢ OTo
TETPGOI6 oag, OdimAa oro ypduua mou avrioToixei og KGBe mpdraon, 1n
Aéén Zworo, av n mporaon civar cworth, N Aa@og, av n mporaon €ivai
AavBaouévn.

a) loxuel 6T Iim(xr]pl)=0 :
x—0 X

B) Ka&aBe ouvaptnon f &iatnpei mpoéonuo oe kaBéva amo Ta
OI0O0TAMATA OTA OTToiad Ol dIadOXIKEG pifeg TNG Xwpifouv TO TTEDiO
opIOUOU TNG.

v) H ouvdptnon f(X)=x%, aeR-Z civai mapaywyioiyn oTo
(0, + ) kai 1oxver 6T F'(X)=ax®"" .

8) Av n ouvaptnon f cival cuvexfg oe didotnua A kaia, B, vy € A,
B Y B
r6TE 10YUE! jf(x) dx= jf(x) dx+jf(x) dx.
a a Y

g) AvIlimf(x) <0, rore f(x) < 0 kovré oT0X, .

X=X,

Movadeg 10

TEAOZ 1HY AMO 4 JEAIAES




APXH 2HY SEAIAAY
HMEPHZION KAI EZMNEPINQN

©OEMA B
Aivetar n ouvaptnon f:(0, +©) >R pe 1omo f(x)=2Inx -1
kai n ouvaptnon g:R > R pe tomo g(X)=x-2 .

B1. Na mpoodiopicete Tn ouvdaptnon h=fog.
Movdadeg 6

Av h(x)=2In(x-2)-1, x> 2, 16T1¢:

B2. Na peAetAocete T ouvdptnon h wg mpog v kupTdTNTA.
Movdadeg 6

B3. Na dciete 611 n ouvaptnon h avriotpégetal (hovadeg 3) kail va Bpeite
v avtiotpoer Tnc h™' (povadec 4).
Movdadeg 7

X+1

B4. Av h'x)=2+e2 , xeR, va efetdoete av IkavotmoloUvTal Ol
uttoBéoeig Tou Bewpnuartog Rolle yia Tn ocuvdptnon

¢(x)=("(x)=3)-(x’ - 8)

oto [-1, 2] .
Movdadeg 6
OEMA T
Aivetal n mapaywyioiyn ouvdptnon f pe
e+ AXx, x<-1
f(X)=1 ax+a , 6mou a>1 kar AeR
, x> -1
X+ d
M. Na amodeifete 611 A=1.
Movdadeg 5

Nr2. Na amodeiete 611 A =2 (povdadeg 5) KAl 0TN CUVEXEID va BpPeiTe TNV
e€iowon TNG €QATTONEVNG TNG YPAYIKAG TTApACTAONG TNG OUVAPTNONG

f oto onueio A(-1, 0) (uovadeg 3).
Movdadeg 8

TEAOZ 2HY AMO 4 JEAIAES




APXH 3HY SEAIAAY
HMEPHZION KAI EZMNEPINQN

N. Na Ppeite TIC OAOUPTTWTEG TNG YPAQPIKAG TapdoTaong TNG
ouvaptnong f .
Movdadeg 7
N4. Na amodeigeTe OTI:
f(NUx—2) = 2nux -2, yia kaBe X € R |
Movdadeg 5
OEMA A

T
AivovTail o1 cuvaptioeig f,g:(0, E]_)R yia TIG oTroieg 10X UEL:

A1.

A2.

A3.

la(x)-g(y)| < (x=y)* . yia kaee Xy < (0, g]

g(x)=f(x) nux , yia kaee X € (0, g]

f(%)=\/§.

Na atmodeifete OTI:
. . ) \ . W
i) n ouvdptnon g sival otaBepn yia kaBe X € (0, E].
(Movadeg 4)

ii) o Tumocg Tng ouvaptnong f eivar f(x)=——.
NUX
(Movadeg 1)
Movadeg 5

Na dei¢ete 011 n ouvaptnon f gival «1-1» (povadeg 3) kal va Bpeite 10

oUVOAO TIHWYV TNG (Movadeg 3).

Movadeg 6
Na deifete 0TI n €iowon
1 m
fa)-2 [ W2)-5 T
+ =O,H€a€(_,—)
4
1L
éxel akpIBWS pia pia oTo (Z : \/E)
Movadeg 6

TEAOZ 3HY AMO 4 JEAIAES




A4.

o0k

APXH 4HY SEAIAAY
HMEPHZION KAI EZMNEPINQN

i) Na d¢ci¢ete 611 n cuvdpTnon

1 1 T
H(x)=—In(1-0o ——In(1+o : 0, -
(x) > ( UVX) > (1+ ouvx), x € ( 2]

X T
gival yia mapdyouoa Tng ouvapTnong h(X)=1nL2 oto (0, E]
— OUV~X
(Movadeg 2)

ii) Na utmmroAoyiocete 10 €uPaddv Tou Xwpiou TTOU TIEPIKAEIETAlI ATTO

N ypa@ikl Tmapdotacn T1n¢ ouvaptnong f  kai Tig¢ guBcgieg

T
= 2 X=—.
Yy Kal 5

(Movadeg 6)
Movdadeg 8

OAHTIEX (yia Touc e€sTalouévouc)

210 €EWQPUAAO TOU TETPADBIOU va ypAWeTe TO £CETAlOPEVO UABNUA. XTO €E0CW@UAAO
TAVW-TTAVW VA CUPTTANPWOETE TA OTOMIKA OOG OToIXEid. ZTRV apXn Twv
ATTAVTACEWV 000G VA YPAWETE TTAVW-TTAVW TNV nNUEPOoPnvia kal 1o €EETAlOPEVO
pNaBnua. Na gnv avTiypayere 1a Béuarta oTo TETPAdIO KOl VA UN YPAWETE TToubevd
OTIG ATTAVTHOEIS 0OG TO OVOUd 0OG.

Na ypAWETE TO OVOUATETTWVUNO 0OG OTO TTAVW PEPOG TWV QUTOAVTIYPAPWY AUECWGS
MOAIG cag TTapadoBouv. Tuxoév onupeEIWoEIS oag TTAvw oTa Bépara dev Ba
BaduoAoynBouv og Kapia TEPITITWON. Katd Tnv atroxwpenor] oag va TTapadwOoETE
padi e To TETPADIO KAl TA GWTOAVTIYPAPQ.

Na atravTioeTe oTo TETPADIO 0ag 0 OAA Ta BEPATA MOVO HE PTTAE 1] MOVO PE HaUpo
OTUAOG peE peAdvi TTou dev OpnVel.

Kd&Be atr@vrnon emoTNUOVIKA TEKUNPIWKEVN €ival ATTODEKTH.

Aldpkela e¢€Taong: TPEIG (3) WPES META TN SIAVOUN TWV GWTOAVTIYPAPWV.

Xpovog duvartng ammoxwpnong: 17:00

2AZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOZ 4HY AMNO 4 JEAIAES




